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Lattices of quasivarieties which in the literature are called Q-lattices have been
investigated for five decades. The investigations have been proposed independently
by Garrett Birkhoff and Anatoliı̌ Ivanovich Maltsev in [2] and [7], respectively, in the
form of the following question: Which lattices are Q-lattices?
Many significant results during that period have been achieved and were partially
documented in the book [3] and summarized in the survey article [1]. The achieved
results had an impact on developing Universal Algebra which was acknowledged in
the Epilogue of the book [4] by including the effort of investigating Q-lattices into one
out of the five stimulating factors of developing Universal Algebra. The paper [5] is
excellent recent evidence of that impact.
Based on the results achieved Q-lattices are either truly complex or tractable.
Not much is known about Q-lattices which are at the middle. That is, not much is
known about which Q-lattices satisfy a non-trivial lattice identity but which are not
distributive. The goal of the talk is to propose a method which suggests a way to fill
out this gap. The method is based on the concept of Maltsev product introduced in
[6].
Theorem. For quasivarieties of lattices K and L, if each of K and L satisfies a
non-trivial lattice identity, not necessarily the same one, then so does the Maltsev
product K ◦ L.
In the talk, we display applications of this theorem amongst which will be a positive
solution of a long standing open problem which is: Is there a quasivariety that is
relatively finite-to-finite universal but not Q-universal.
The results presented in the talk are jointly obtained with M.E. Adams or with
M.E. Adams and H.P. Sankappanavar.
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